This paper extends the recent investigation of the string theory landscape [1] , where it was found that the decay rate of dS vacua to a collapsing space with a negative vacuum energy can be quite large. The parts of space that experience a decay to a collapsing space, or to a Minkowski vacuum, never return back to dS space. The channels of irreversible vacuum decay serve as sinks for the probability flow. The existence of such sinks is a distinguishing feature of the string theory landscape. We describe relations between several different probability measures for eternal inflation taking into account the existence of the sinks. The local (comoving) description of the inflationary multiverse suffers from the so-called "Boltzmann brain" problem unless the probability of the decay to the sinks is sufficiently large. We show that some versions of the global (volume-weighted) description do not have this problem even if one ignores the existence of the sinks. Finally, we describe a simplified approach to the calculations of anthropic probabilities in the landscape, which is less powerful but also less ambiguous than other methods.
Introduction
For many decades people have tried to explain strange correlations between the properties of our universe, the masses of elementary particles, their coupling constants, and the fact of our existence. We know that we could not live in a 5-dimensional universe, or in a universe where the electromagnetic coupling constant, or the masses of electrons and protons would be just a few times greater or smaller than their present values. These and other similar observations have formed the basis for the anthropic principle. However, for a long time many scientists believed that the universe was given to us as a single copy, and therefore speculations about these magic coincidences could not have any scientific meaning.
The situation changes dramatically with the invention of inflationary cosmology. It was realized that inflation may divide our universe into many exponentially large domains corresponding to different metastable vacuum states, forming a huge inflationary multiverse [2, 3, 4, 5] . The total number of such vacuum states in string theory can be enormously large [6, 7, 8] . A combination of these two facts with the KKLT mechanism of vacuum stabilization [9] recently gave rise to what is now called the string landscape scenario [10] . Some people like the new emerging picture of the multi-faceted universe, some people hate it, but it does not seem that we have much choice in this matter: We must learn how to live with this new scientific paradigm.
The purpose of this paper is to clarify some features of the landscape in the simplest possible way. Our description will be incomplete, it will not cover some of the interesting recent proposals, but we hope that it will be useful anyway. To begin with, we will concentrate on drawing several sketches of "the map of the universe." There are many ways to do this. Each one provides us with a complementary view on the structure of the universe, and each of them can be useful. The problems begin if we start using our maps in an attempt to understand why it is that we live in this particular place at this particular time.
The easiest route to avoid these problems would be to concentrate on the conditional probabilities; see a discussion in Sect. 9. On the other hand, it would be nice to demonstrate that even though the part of the inflationary multiverse where we live is not unique, it is the best, or at least the most probable one. Only if all our attempts to put us to the "center of the universe" fail, we will have a right to say, following Copernicus, that we just happen to live in a not very special part of the multiverse; perhaps not the best or the worst, maybe not even close to a maximum of the probability distribution, but just in some place consistent with our existence.
One way to analyze these issues is to consider the probability measure as a part of the theory, and to compare its predictions with observations. If some of the probability measures lead to obviously incorrect predictions, we will concentrate on the remaining ones, which will reduce the uncertainty.
For example, recently it was argued that the Hartle-Hawking wave function predicts that most of the observes should exist in a form of short-living brains (Boltzmann brains, or BB) created by quantum fluctuations and floating in an empty de Sitter vacuum [24, 25] . Of course, this in not what we see now. Among the "best" ways to resolve this problem suggested in [24, 25] was the prediction of a doomsday in 10 10 years from now, which requires the existence of superheavy gravitinos. If this is the case, a discovery of supersymmetric particles at LHC would give us a chance to test the wave function of the universe and to learn something about our future.
Using closely related arguments, but without assuming the validity of the Hartle-Hawking wave function, recently it was claimed that all attempts at a global description of our universe lead to an invasion of Boltzman brains [26] . And since none of us wants to believe that he or she is a BB and our world is just an illusion, then, according to [26] , we must conclude that all attempts of a global description of the universe should be abandoned in favor of the local description, which was called holographic [20] . On the other hand, the prescription for the probabilities proposed in [20] was criticized in [27] , where it was concluded that "for someone not initiated in holography, this view is very hard to adopt." So if the only BB-free prescription is bad, does it mean that all good prescriptions predict Boltzmann brains all the way down?
In this paper we will try to discuss related issues and analyze some of the existing problems. In Section 2 we will describe the theory of tunneling and quantum diffusion between different de Sitter vacua. However, this theory only partially describes the mechanism of the population of the landscape. According to [9] , all dS vacua in the string landscape scenario are unstable with respect to decay to a Minkowski vacuum or to a collapsing universe with a negative cosmological constant. Once this happens, the corresponding part of the universe effectively disappears form consideration, as if it were falling to a sink from which it never returns back. One of the results obtained in [1] was that the probability of a decay to a collapsing space with a negative vacuum energy may be much greater than the decay probability of a de Sitter space to a Minkowski space estimated in [9] . We will briefly describe this result in Section 3.
In Section 4 we will discuss a special role of the incoming probability currents and the corresponding probability charges in anthropic considerations. In Section 5 we will study these currents and charges in the comoving coordinates and show that the results of our investigation coincide with the results of the approach proposed in [20] , without any need to appeal to holography. In Section 6 we will describe one of the volume-weighted probability distributions proposed in [11, 12] and studied in [1] in the context of the string landscape scenario. This distribution is very similar to the comoving probability distribution, so we will call it 'pseudocomoving': it does not reward different parts of the universe for the different speed of their expansion. This probability measure naturally appears when one studies the physical volume of different parts of the universe at the hypersurface of equal time, but measures the time in units of H −1 along each geodesic. In these units, all parts of the universe expand at the same rate, which is why the map of the universe remains similar to the map in the comoving coordinates. However, unlike the comoving probability distribution, this probability distribution takes into account the overall growth of the volume of the universe, and therefore it leads to different predictions, which are very sensitive to the properties of the sinks in the landscape [1] .
In Section 7 we will describe another volume-weighted probability measure proposed in [4, 11, 12] . We will call this measure 'standard,' because it calculates the physical volume of different regions of inflationary universe taking into account their expansion proportional to e H i t , where t is measured in the standard physical units, such as M −1 p . Here H i are the Hubble constants in different dS spaces. The results of the calculation of the probability currents and charges in this case are almost completely insensitive to the existence of the sinks.
In Section 8 we will analyze the problem of Boltzmann brains and show that the comoving probability distribution, which provides a local description of the universe, and the pseudocomoving probability distribution, which does not reward growth, are not entirely immune to the Boltzmann brane problem. Meanwhile the 'standard' volume-weighted probability measure proposed in [4, 11, 12] solves this problem.
Finally, in the Section 9 we discuss other problems of different probability measures. We also argue there that, despite all of the uncertainties related to quantum cosmology, we can still use the anthropic principle to explain many properties of our part of the universe and impose strong constraints on particle physics and cosmology. The only thing that we need to do is to study conditional probabilities and use simple facts of our life as observational data, in the same way as we use other observational and experimental data in developing a picture of our world.
Decay of de Sitter vacua and sinks in the landscape
Before we start our discussion of probabilities, we must remember some basic facts about the mechanism of jumping from one vacuum to another. There are two related mechanisms to do so: due to tunneling [28] and due to a stochastic diffusion process [17, 29] .
Tunneling produces spherically symmetric universes. They look like growing bubbles for an outside observer, and like open homogeneous infinite universes from the inside observer. If the tunneling goes to dS space, the interior of the bubbles expands exponentially. From the point of view of an outside observer, the bubble walls continue moving with a speed approaching that of light, but in comoving coordinates their size approaches some maximal value and freezes. The maximal value depends on the time when the bubble is formed; it is exponentially smaller for bubbles formed later on [30] . If the tunneling goes to the state with a negative vacuum energy V , the infinite universe inside it collapses within a time of the order |V | −1/2 , in Planck units. Fig. 1 . Without taking gravity into account, the tunneling may go only from the upper minimum to the lower minimum, but in the presence of gravity tunneling may occur in both directions, which is emphasized in Fig. 1 . According to Coleman and De Luccia [28] , the tunneling probability from dS 1 to dS 2 is given by
Consider two dS vacua dS i with the vacuum energy density
where S(φ) is the Euclidean action for the tunneling trajectory, and S 1 = S(φ 1 ) is the Euclidean action for the initial configuration φ = φ 1 ,
Figure 1: Coleman-De Luccia tunneling may go in both directions. A surprising feature of this process is that the tunneling in general occurs not from one minimum of the potential to another minimum, but form one wall of the potential to another wall.
This action has a simple sign-reversal relation to the entropy of de Sitter space S 1 :
Therefore the decay time of the metastable dS vacuum t decay ∼ Γ −1
12 can be represented in the following way:
Here t r ∼ e S 1 is the so-called recurrence time for the vacuum dS 1 .
Whereas the theory of tunneling developed in [28] was quite general, all examples of tunneling studied there described the thin-wall approximation, where the tunneling occurs from one minimum of the potential and proceeds directly to another minimum. This made the interpretation of the process rather simple. However, in the cases where the thin-wall approximation is not valid, the tunneling occurs not from the minimum but from the wall, which makes interpretation of this process in terms of the decay of the initial vacuum less obvious.
The situation becomes especially confusing when the potential is very flat on the way from one minimum to another, V ′′ < V , in Planck units. In this case the Coleman-De Luccia instanton becomes replaced by the instanton describing tunneling from the top of the effective potential back to the same top of the effective potential. The corresponding instanton represents the limiting configuration of Fig. 1 when the two red balls meet at the top. According to Hawking and Moss [31] , the probability of tunneling from the minimum 1 to the minimum 2 is given by
Here φ top corresponds to the top of the barrier separating the two minima. Initial interpretation of this result was rather obscure because the corresponding instanton seemed to describe a homogeneous tunneling, φ = φ top , which does not interpolate between any minima of the potential. A homogeneous jump corresponding to this instanton would be impossible in an infinite (or exponentially large) inflationary universe. Moreover, from the derivation of this result it was not clear why the tunneling should occur to the top of the potential instead of going directly to the second dS minimum. The situation becomes especially confusing for the case with many minima and maxima (the landscape), because the result obtained in [31] suggested that it is very easy to tunnel through high mountains if anywhere in the landscape there is a maximum with the height V (φ top ) ≈ V (φ 1 ). In fact, from the derivation it was not obvious whether the tunneling should go to the maximum instead of going directly to the next minimum, since the instantons with a constant field φ 2 also exist. These conclusions seem obviously wrong, but why?
One of the best attempts to clarify the situation was made by Gen and Sasaki [32] , who described the tunneling using Hamiltonian methods in quantum cosmology, which avoided many ambiguities of the Euclidean approach. But even their investigation did not allow us to completely resolve the paradoxes formulated above.
A proper interpretation of the Hawking-Moss tunneling was achieved only after the development of the stochastic approach to inflation [17, 33, 29, 11] . One may consider quantum fluctuations of a light scalar field φ with m 2 = V ′′ ≪ H 2 = V /3. During each time interval δt = H −1 this scalar field experiences quantum jumps with the wavelength ∼ H −1 and with a typical amplitude δφ = H/2π. Then the wavelength of these fluctuations grows exponentially. As a result, quantum fluctuations lead to a local change of the amplitude of the field φ, which looks homogeneous on the horizon scale H −1 . ¿From the point of view of a local observer, this process looks like a Brownian motion of the homogeneous scalar field. If the potential has a dS minimum at φ 1 with m ≪ H, then eventually the probability distribution to find the field with the value φ at a given point becomes time-independent,
This probability distribution shows that the probability of a Brownian motion from the configuration where the horizon size domain contains the field φ 1 to the configuration where it contains the field φ is exponentially suppressed by a factor of exp −
. Once the scalar field climbs up to the top of the barrier, it can fall from it to the next minimum, which completes the process of "tunneling" in this regime. That is why the probability to gradually climb to the local maximum of the potential at φ = φ top and then fall to another dS minimum is given by Hawking-Moss expression (2.5) [17, 33, 29, 11] .
The distribution P (φ), which gives the probability to find the field φ at a given point, has a simple interpretation as a fraction of the comoving volume of the universe corresponding to each of the dS vacua. Unlike the physical volume of the universe, the comoving volume does not grow when the universe expands. To distinguish the comoving probability distribution form the volume-weighted probability distributions taking into account expansion of the universe, in [4, 11] the comoving distribution was called P c , whereas the volume-weighted probability distribution was called 'physical' and denoted by P p . Interpretation of P c can be understood as follows: At some initial moment one divides the universe into many domains of the same size, assigns one point to each domain, and follows the subsequent distribution P c (φ) of the points where the scalar field takes the value φ. Physical probability distributions may differ from each other by the choice of time parametrization. For example, if one measures time in units of H −1 , different parts of the universe in these coordinates expand at the same rate. In this paper we will call the corresponding distribution 'quasi-comoving,' see Section 6. We will call 'standard' the physical probability distribution taking into account different rates of expansion of different parts of the universe, see Section 7. To avoid accumulation of various indices, in this paper we will not write the indices "c" and "p" near the probability distributions, but we will specify each time what kind of distribution we are calculating.
A necessary condition for the derivation of Eq. (2.6) in [17, 33, 29, 11] was the requirement that m 2 = V ′′ ≪ H 2 = V /3. This requirement is violated for all known scalar fields at the present (post-inflationary) stage of the evolution of the universe. Therefore the situation with the interpretation of the Coleman-De Luccia tunneling for V ′′ ≥ V /3 remains somewhat unsatisfactory. In this paper we will follow the standard lore, assume that this approach is correct, and study its consequences, but one should keep this problem in mind.
Following [34] (see also [35, 36, 10] ), we will look for a probability distribution P i to find a given point in a state with the vacuum energy V i and will try to generalize the results for the probability distribution obtained above by the stochastic approach to inflation. The main idea is to consider CDL tunneling between two dS vacua, with vacuum energies V 1 and V 2 , such that V 1 < V 2 , and to study the possibility of tunneling in both directions, from V 1 to V 2 , or vice versa.
The action on the tunneling trajectory, S(φ), does not depend on the direction in which the tunneling occurs, but the tunneling probability does depend on it. It is given by e −S(φ)+S 1 on the way up, and by e −S(φ)+S 2 on the way down [34] . Let us assume that the universe is in a stationary state, such that the comoving volume of the parts of the universe going upwards is balanced by the comoving volume of the parts going down. This can be expressed by the detailed balance equation
which yields (compare with Eq. (2.5))
independently of the tunneling action S(φ).
Equations (2.6) and (2.8) imply that the fraction of the comoving volume of the universe in a state φ (or φ 2 ) different from the ground state φ 1 (which is the state with the lowest, but positive, vacuum energy density) is proportional to C 1 exp
, with the normalization
. The probability distribution C 1 exp
coincides with the square of the Hartle-Hawking wave function describing the ground state of the universe [22] . It has a simple physical meaning: The universe wants to be in the ground state φ 1 with the lowest possible value of V (φ), and the probability of deviations from the ground state is exponentially suppressed. This probability distribution also has a nice thermodynamic interpretation in terms of dS entropy S [37]:
Here, as before, S i = −S i . This result and its thermodynamic interpretation played a substantial role in the discussion of the string theory landscape [10] .
Investigation of the stationary probability distribution alone does not give us a full picture. For example, the probability distribution (2.6) tells us about the fraction of the comoving volume of the universe in a given state, but it tells us nothing about the evolution towards this state. A partial answer to this question can be given by investigation of the stochastic diffusion equations describing the evolution of the scalar field in the inflationary universe. But now, instead of looking for the most probable outcome of the evolution, one should follow the evolution backwards and look for the initial condition φ 1 for the trajectories which bring the field to its final destination φ. In the stationary regime considered above, the corresponding solution looks very similar to (2.6) [11] :
In this equation, however, φ 1 is not the position of the ground state, but a position of an arbitrary initial point for the diffusion process which eventually brings us to the point φ.
As we see, the probability is maximized by the largest possible value of V (φ 1 ). Interestingly, the expression exp −
describing the probability of initial conditions coincides with the expression for the square of the tunneling wave function describing creation of a closed dS universe "from nothing" [23] , whereas the second term looks like the square of the HartleHawking wave function describing the ground state of the universe. In the stationary regime the squares of these two wave functions coexist in the same equation, but they provide answers to different questions.
However, this stationary distribution does not apply to the processes during slow-roll inflation; in order to obtain a stationary distribution during inflation one should take into account the growth of the physical volume of the universe [4, 11] . Moreover, this distribution does not necessarily apply to the string theory landscape either, because in the KKLT scenario there are no stable dS vacua that could serve as a ground state of the universe. Metastability of dS space in the KKLT construction was emphasized in [9] and in many subsequent papers. Here we would like to look at this issue in a more detailed way.
3 Tunneling to a collapsing universe with a negative vacuum energy
Stationarity of the probability distribution (2.9) was achieved because the lowest dS state did not have anywhere further to fall. Meanwhile, in string theory all dS states are metastable, so it is always possible for a dS vacuum to decay [9] . It is important that if it decays by production of the bubbles of 10D Minkowski space, or by production of bubbles containing a collapsing open universe with a negative cosmological constant, the standard mechanism of returning back to the original dS state no longer operates. 2 These processes work like sinks for the flow of probability in the landscape. Because of the existence of the sinks, which are also called terminal vacua, the fraction of the comoving volume in the dS vacua will decrease in time.
The first estimates of the probability to tunnel to the sink made in [9] were rather instructive and simultaneously rather optimistic. First of all, it was shown in [9] that if the decay of the metastable dS vacua occurs due to tunneling through a barrier with positive scalar potential, then the instanton action S(φ) is always negative, and therefore the decay always happens during the time shorter than the recurrence time t r :
On the other hand, if the tunneling occurs, for example, from our vacuum with V 1 ∼ 10 −120 in Planck units through the barrier with a much greater V , or if we are talking about the HawkingMoss tunneling to V 2 ≫ V 1 , then the decay time in the first approximation would coincide with the recurrence time, i.e. our vacuum would be incredibly stable:
10 120 years.
This result can be directly applied to the simplest KKLT model where the tunneling occurs through the positive barrier separating the metastable dS vacuum and the supersymmetric 10D vacuum. However, the situation with the tunneling to AdS vacua for a while remained much less clear [38, 39, 40] because it could involve tunneling through the barriers with V < 0.
This problem was recently analyzed in Ref. [1] . In that paper, we found many BPS domain wall solutions separating different AdS vacua in the landscape. This can be done at the first stage of the landscape construction, prior to the uplifting, when one finds all stable supersymmetric AdS vacua of the theory. Supersymmetry allows these vacua to coexist without expanding and "eating" each other. In all cases when the superpotential does not vanish across the domain wall, the domain wall solutions separating different vacua can be represented as the walls of the CDL bubbles of infinitely large size [41, 1] . For such bubbles, the tunneling action is infinitely large, and the vacuum decay is impossible. This fact is related to the supersymmetry of the different vacua [42] , and of the interpolating BPS wall solutions.
However, after the uplifting, which is required to obtain dS minima in the KKLT construction [9] , supersymmetry becomes broken. For example, in the simplest KKLT-based models the gravitino mass squared in our vacuum is directly related to the required amount of uplifting, which almost exactly coincides with the depth of the initial AdS vacuum prior to the uplifting: m 2 3/2 ≈ |V AdS |/3 [43] . If we perform the uplifting in the theory with many different AdS minima, then only some of them will be uplifted high enough to become dS minima. Supersymmetry no longer protects them from decaying to the lower vacua. This may lead to a relatively rapid decay of the uplifted dS vacuum due to the creation of bubbles describing collapsing open universes with a negative vacuum energy density. For brevity, we will sometimes call this process the decay to AdS vacua, but one should remember that in reality we are talking about tunneling to a collapsing space. According to [1] , the typical decay rate for this process can be estimated as Γ ∼ exp
. For the gravitino mass in the 1 TeV range one finds suppression in the range of Γ ∼ 10 −10 34 [1] , which is much greater than the expected rate of the decay to Minkowski vacuum, or to a higher dS vacuum, which is typically suppressed by the factors such as 10 −10 120 . For superheavy gravitinos, which do appear in certain versions of the KKLT construction, vacuum decay rates can be even higher [24] , which may lead to an anthropic upper bound on the degree of supersymmetry breaking in string theory.
3 Other possible decay channels for the uplifted dS space were discussed in [44, 45, 46] .
The fact that the decay to the collapsing AdS space can be so probable may lead to considerable changes to the standard picture of the landscape of dS vacua in thermal equilibrium. We are going to discuss this question now.
Currents in the landscape with sinks
To make our study as simple as possible, we will begin with an investigation of a simple model describing two dS minima and one AdS minimum, denoted by 1, 2, and S in We will begin with the investigation of this process in comoving coordinates, i.e. ignoring the expansion of the universe. To get a visual understanding of the process of bubble formation in comoving coordinates, one may paint black all of its parts corresponding to one of the two dS states, and paint white the parts in the other dS state. Then, in the absence of sinks in the landscape, the whole universe will become populated by white and black bubbles of all possible sizes. Asymptotically, the universe will approach a stationary regime; the whole universe on average will become gray, and the level of gray asymptotically will remain constant.
Suppose now that some parts of the universe may tunnel to a state with a negative cosmological constant. These parts will collapse, so they will not return to the initial dS vacua. If we paint such parts red, then the universe, instead of reaching a constant shade of gray, eventually will look completely red. This is what we would find if we studied the properties of the universe at any given point. The probability to find the universe in a given state at a given point is given by the comoving probability distribution P i .
To describe this process, instead of the detailed balance equation (2.7) one should use the "vacuum dynamics" equations [19, 1] :
1)
Here J ij = P j Γ ji , where Γ ji is the decay rate if the j vacuum with respect to the bubble formation of the vacuum i. In particular, J 1s = P 1 e −C 1 is the probability current from the lower dS vacuum to the sink, i.e. to a collapsing universe, or to a Minkowski vacuum, J 2s = P 2 e −C 2 is the probability current from the upper dS vacuum to the sink, J 12 = P 1 e −S 1 +|S(φ)| is the probability current from the lower dS vacuum to the upper dS vacuum, and
is the probability current from the upper dS vacuum to the lower dS vacuum. Combining this all together, gives us the following set of equations for the probability distributions:
3)
(We ignore here possible sub-exponential corrections, which appear, e.g., due to the difference in the initial size of the bubbles etc.)
The distributions P i play the role of the accumulated charges of the probability currents. We will also introduce equations for the charges for the incoming probability currents J 12 and
These charges take into account only the incoming probability flux, ignoring the outgoing currents.
Before solving these equations in various regimes, let us discuss the physical interpretation of the functions P i and Q i .
The function P i describes the probability to find a given point in a particular state (in a particular dS vacuum or in a state with a particular field φ). Equivalently, it describes the fraction of comoving volume of the universe in a particular state, or the fraction of a proper time spent by a given point in this state. This function can be useful if one wants to get a map of the multiverse.
However, when the bubbles of a new phase expand, their interior eventually becomes an empty dS space devoid of any observers. If we are usual observers born after reheating of the inflationary universe, then one may argue that the probability to be born in the bubble dS i is proportional not to the volume distribution P i , but to the frequency of the new bubble production, which is related to the sum of all incoming probability currentsQ i = j J ij . A closely related fact was emphasized a long time ago, in the paper where we performed the first detailed investigation of the probability distribution to live in a continuous set of vacua with different properties [12] . (In [12] the incoming probability current at the hypersurface of the end of inflation was denoted by P.) A new feature of the string landscape scenario is that each geodesic may enter a vacuum of the same type many times, when the bubbles of the new phase are produced over and over again, and life reemerges there. Each of these entries should be counted when calculating the probability of the emergence of life.
Starting from this point, one can use several different methods for the calculation of probabilities, depending on various assumptions.
Comoving probabilities and incoming currents
The simplest possible probability measure appears if one argues that when we are trying to explain the properties of our world as we see it, we should not care about other observers. Instead we should concentrate on our own history. Because of the possible quantum jumps, our worldline could wonder many times between different dS states. Then one may argue that the probability for any given observer to find himself in a dS i state is proportional to the probability that his worldline entered this vacuum. But this is the definition of the charges Q i , which are given by the integrated incoming probability currents.
One should take into account each such entry (or re-entry), and multiply the total number of such entries by the probability that each entry leads to the emergence of life as we know it [20] . The last part (which we will not consider in this paper) implies, in particular, that we should pay special attention to the bubbles having inflationary universes inside, since otherwise the bubbles will be empty open universes unsuitable for life [47] .
At the first glance, it may seem very difficult to obtain Q i using our system of differential equations. Fortunately, the corresponding procedure is quite straightforward if one uses the methods similar to those used in [19] .
Indeed, let us write integrated equations (4.3), (4.4), (4.5), (4.6) in terms of the integrals
(5.4)
We will be interested in the investigation of systems with sinks, in which case P 1 (∞) = 0 [1] . Assume for definiteness that P 1 (0) = 0, and P 2 = 1, i.e. we consider the system which initially was in its upper dS vacuum. In this case the system of equations above gives
On the other hand, if initially the system was in the lower dS vacuum, P 1 (0) = 1, P 2 = 0, then the same equations give
If one remembers that the relative probability that the lower vacuum jumps up is ǫ = Γ 12 Γ 1s +Γ 12 , and the relative probability to jump to the sink is 1 − ǫ = Γ 1s Γ 1s +Γ 12 , then one finds that our results are equivalent to the results obtained by Bousso [20] by a different method.
Our method of calculation of comoving probabilities does not require any reference to holography, 4 and it can be easily compared to other methods using standard terminology of eternal inflation. We are talking here about the total charges corresponding to the incoming probability currents in the comoving coordinates [12] , but we are applying this methodology to the new situation with many discrete dS vacua [20] . Quantities like that are invariant with respect to different choices of the time variable [19] . They do not require introduction of any artificial cutoffs; an exponential cutoff is naturally present here because of the existence of the sinks in the landscape.
This approach is quite interesting and informative, but it is somewhat incomplete, because it makes predictions only after we specify initial conditions for inflation. This returns us to the question of the measure of initial conditions, and to the 20 years old debate about the HartleHawking wave function versus the tunneling wave function. We will discuss this question in Section 8. Meanwhile one of the main advantages of eternal inflation is that it makes everything that happens in an inflating universe independent of the initial conditions. That is why most of the efforts for finding the probability measure in eternal inflation were based on the volumeweighted probability distributions, which do not depend on initial conditions. We will describe now the simplest volume-weighted probability distribution, which, at the first glance, is almost indistinguishable from the comoving distribution, but which leads to different predictions.
Pseudo-comoving volume-weighted measure
One of the main advantages of inflation is that it can explain the enormously large size of the universe. Eternal inflation does even more. It can take two causally-connected regions and then make the distance between them indefinitely large. Thus a single causally connected region of the universe eventually will contain indefinitely many observers like us. If we are typical, we should study the distribution of all observers over the whole universe, and then find where most of them live. This idea and the methods of calculating probability distributions to find observers in different parts of the universe in the context of eternal inflation were developed in [11, 12, 13] .
5 But one cannot find out what is typical and what is not by concentrating on a single observer and ignoring the main fraction of the volume of the universe. Indeed, each particular observer within a finite time will die in the collapsing universe. However, the universe eternally rejuvenates due to the exponential expansion of its various dS parts, the total volume of the universe in different dS states continues to grow exponentially, and so does the total number of observers living there [2, 51, 52, 53] . This process of eternal creation of new points and new observers is completely missed by the investigation of the comoving probability currents performed in the previous section.
This problem can be cured by a tiny modification of our previous approach without changing any of our equations [11, 12, 19, 1] . Indeed, the picture of the universe in the comoving coordinates will not change if we study the growth of the volume of the universe, but use the units of time adjusted for the local value of the Hubble constant: ∆t = H −1 . In these coordinates all parts of the universe will expand at the same rate: During the time ∆t = H −1 all sizes grow e times, the total volume will grow e 3 times, but the distribution of while, black and red bubbles will not change; it will only be scaled by a factor e in all directions. We will call this picture 'pseudo-comoving.' The functions P i will depend on the expansion of the universe, but their ratios, i.e. the fraction of volume in the states dS i , will remain the same as in the comoving coordinates. The main thing that changes is our interpretation of the whole picture. Now we should remember that even though the whole picture on average becomes red, the total number of observers in white and black areas continues growing exponentially. Therefore the main contribution to the charges Q i taking into account the exponential growth of the universe will be determined by the integration of the probability currents in the distant future. In such a situation, the proper measure of the relative probability to live in a vacuum dS i will not depend on initial conditions and will be given by the ratio of the incoming fluxesQ
To take into account the exponential expansion of the universe on the formal level, one should write an extended version of the equations (4.3), (4.4) by adding there the terms 3P 1 and 3P 2 describing the growth of volume (of points) due to the exponential expansion of the universe. Note that these terms do not contain H because we decided, in this section, to measure time locally, in units of H −1 , to keep the picture similar to the one in comoving coordinates, up to an overall rescaling. As before, we are assuming that all decay rates are exponentially small, and we can write these equations ignoring all subexponential coefficients:
2)
We can also write these equations in an expanded form:
5)
devices, are making the observations that we are trying to explain; see a discussion of this issue in Section 9.
To analyze different solutions of these equations, let us try to understand the relations between their parameters. Since the entropy is inversely proportional to the energy density, the entropy of the lower level is higher, S 1 > S 2 . Since the tunneling is exponentially suppressed, we have S 2 > |S(φ)|, so we have a hierarchy S 1 > S 2 > |S(φ)|, and therefore Γ 12 ≪ Γ 21 ≪ 1. We will often associate the lower vacuum with our present vacuum state, with S 1 ∼ 10 120 .
For simplicity, we will study here the possibility that only the lower vacuum can tunnel to the sink, Γ 2s = 0, i.e. we will take the limit C 2 → ∞ and drop the term −J 2s = −P 2 e −C 2 in Eq. (4.4) . On the other hand, we will keep in mind the results of the previous Section, where we have found that typically the probability of the decay of a metastable dS vacuum to a sink can be quite high,
3/2 ) ≫ e −S 1 ∼ e −10 120 . Therefore we expect that
By solving equations (6.1), (6.2), one can show that the ratio P 2 (t)/P 1 (t) approaches a stationary regime P 2 (t)/P 1 (t) = p 21 = const. In order to find p 21 , one can add to each other our equations (without the term −P 2 Γ 2s , which we assumed equal to zero). This yields
The solution is
HereP 1 is some constant, which is equal to P 1 (t = 0) if the asymptotic regime is already established at t = 0. The factorP 1 e 3t shows that the overall volume grows exponentially, whereas the factor exp − Γ 1s 1+p 21 t shows that the relative fraction of the volume in dS vacua is decreasing exponentially due to the decay to the sink [1] .
It is most important that the total volume of space in dS vacua (and the total number of observers living there) continues growing exponentially, as exp 3 − Γ 1s 1+p 21 t . This fact cannot be seen in the investigation in the comoving coordinates performed in the previous section. The factor 3 − Γ 1s 1+p 21 is the fractal dimension of the domains P i (the same for both types of domains), see [54, 11] .
For the (asymptotically) constant ratio p 21 = P 2 (t)/P 1 (t), from Eqs. (6.1), (6.2) one finds
Note that the constant 3 disappears from this equation: The terms 3P i only changes the overall normalization of our solutions, and drop out from the expression for the ratio p 21 = P 2 (t)/P 1 (t). That is why these terms have not been added explicitly to the equations in [1] .
One may consider two interesting regimes, providing two very different types of solutions. Suppose first that Γ 1s ≪ Γ 21 (e −C 1 ≪ e −S 2 +|S(φ)| ), i.e. the probability to fall to the sink from the lower vacuum is smaller than the probability of the decay of the upper vacuum. In this case one recovers the previous result, Eq. (2.9), which is related to the square of the Hartle-Hawking wave function, or to the thermal equilibrium between the two dS vacua:
It is interesting that this thermal equilibrium is maintained even in the presence of a sink if Γ 1s ≪ Γ 21 . Note that the required condition for thermal equilibrium is not Γ 1s ≪ Γ 12 , as one could naively expect, but rather Γ 1s ≪ Γ 21 . We will call such sinks narrow. Now let us consider the opposite regime, and assume that the decay rate of the uplifted dS vacuum to the sink is relatively large, Γ 1s ≫ Γ 21 (e −C 1 ≫ e −S 2 +|S(φ)| ), which automatically means that Γ 1s ≫ Γ 12 (e −C 1 ≫ e −S 1 +|S(φ)| ). In this "wide sink" regime the solution of Eq. (6.11) is
i.e. one has an inverted probability distribution. This result has a simple interpretation: if the "thermal exchange" between the two dS vacua occurs very slowly as compared to the rate of the decay of the lower dS vacuum, then the main fraction of the volume of the dS vacua will be in the state with the higher energy density, because everything that flows to the lower level rapidly falls to the sink. Now we should remember that an important quantity to calculate for anthropic applications is not p 21 = P 2 /P 2 but q 21 = Q 2 /Q 1 . In the previous section this quantity was calculated by integrating our equations of motion, and the results were dependent on initial conditions. In the present case, new parts of the universe (and new observers) appear exponentially faster than the old parts tunnel to the sink and die, see Eq. (6.10). Therefore the main part of the probability current flows to dS vacua at asymptotically large values of time, and the ratio Q 2 /Q 1 becomes equivalent to the asymptotic ratio of the probability currents,
In the absence of the sink, the fraction of the comoving volume which flows to the lower dS vacuum due to the tunneling from the upper dS vacuum is equal to the fraction of the volume jumping upwards from the lowest vacuum to the higher vacuum. In other words, the two probability currents are exactly equal to each other, 15) which is the essence of the detailed balance equation (2.7). Our results imply that this regime remains approximately valid even in the presence of the sink, under the condition Γ 1s ≪ Γ 21 .
On the other hand, in the regime described by Eq. (6.13), which occurs if the decay rate to the sink is large enough, Γ 1s ≫ Γ 21 , one has a completely different result:
Thus we have a crucial regime change at the moment when the decay rate of the lower vacuum to the sink starts competing with the decay rate of the upper dS vacuum, i.e. at the moment that we go from the narrow sink regime to the wide sink regime.
'Standard' volume-weighted distribution: rewarding the leaders
Until now, we were working in the comoving coordinates, in Section 5, or in the coordinates obtained from the comoving ones by a trivial scaling, in Section 6. This was the most conservative approach which did not reward any parts of the universe for their inflationary growth. From the point of view of inflationary cosmology, this approach may seem rather artificial, but we followed it because we want to compare the results of different approaches to each other, and to outline possible resolutions of some of the recently formulated paradoxes.
Now we are going to make one more step and study the volume-weighted probability distribution introduced in [4, 11, 12] , where we measure time in the standard (e.g. Planckian) units, and take into account that the physical volume of the universe in a dS i state on a hypersurface of a given time t grows as e 3H i t , where
For definiteness, we will call the resulting volume-weighted probability distribution 'standard.'
In this case, our system of equations becomeṡ
(7.1)
Note that the changes occur only in the upper two equations. Using the same methods as in the previous section, one can find that
which yields
For the (asymptotically) constant ratio p 21 = P 2 (t)/P 1 (t), from Eqs. (7.1), (7.2) one finds
To analyze this equation, we will assume that H 1 , H 2 , and their difference, H 2 − H 1 , are much greater than the typical decay rates. This is indeed the case even for the present extremely small Hubble constant, H ∼ 10 −60 , as compared to the typical numbers encountered in our calculations for the decay rate, such as 10 −10 30 , or 10 −10 120 . We will also take into account that Γ 21 ≫ Γ 12 . In this case our equation has a simple solution
and we find the final expressions for P i :
Finally, let us calculate the ratio of the incoming probability currents, which may be important for anthropic applications:
Note that the rate of decay to the sink plays no role in these results. Let us try to understand these results as it is going to help us to analyze more complicated situations.
First of all, the volume of all dS vacua grows at the same rate, which practically coincides with the rate of growth of the upper dS vacuum. The reason is that after a brief delay, a finite part of the volume of the upper dS transforms into the volume of the lower dS. So the volume of the lower dS grows mostly not because of its own expansion, but because of the decay of the rapidly growing upper dS. This is exactly the situation encountered in [11] during a similar analysis of eternal slow-roll chaotic inflation.
Secondly, the volume of the upper dS is much greater than the volume of the lowed dS, by a factor of
. More to the point, the ratio of the probability fluxQ 1 incoming to the lower dS is greater than the flux upwardsQ 1 by an even greater factor
. Suppose for example that V 1 = 10 −120 , H 1 ∼ 10 −60 and S 1 ∼ 10 120 , as in our vacuum. Suppose also that the instanton action |S(φ)| is much smaller than S 1 ∼ 10 120 . Then the flux downwards is greater than the flux upwards by the factor of 10 10 120 , i.e. q 21 ∼ 10 −10 120 .
We could continue this investigation and perform a similar analysis for different, more complicated probability measures, but we will leave it for a separate investigation. We believe that we already have enough weapons to defend ourselves from the invasion of Boltzmann brains.
Invasion of Boltzmann brains.
The history of the BB paradox goes back to the paper by Dyson, Kleban and Susskind [36] . They argued that dS space is a thermal system. In such a system people, planets, and galaxies can appear from dS space due to thermal fluctuations. The probability of such events will be incredibly small, but it was argued in [36] that the typical time τ required for a spontaneous non-inflationary materialization of the world similar to ours is much shorter than the time required to jump back to the dS space with higher energy density and initiate a new stage of inflation. Therefore if we consider all observers who will ever live in an eternally existing dS universe, then most of them would be created by thermal fluctuations rather then by the rare incidents of inflation. In order to explain observational data indicating that inflation did happen in the past, we would need to assume that even the lowest dS space cannot be stable, and its lifetime must be much shorter than the time τ .
For a while, this scary picture did not attract much attention simply because it was based on a specific way of calculating probabilities in eternal inflation, which some of us did not consider natural. In addition, we understood that we still had 10 10 120 years to check whether this problem was serious.
The situation changed in an interesting way after the discovery of the KKLT mechanism [9] . One of the results obtained in [9] was the upper bound on the decay time of a metastable dS state: t < t r ∼ e S 1 . This result was greeted as a confirmation of the conclusions of Ref. [36] , and, simultaneously, as a resolution of the paradox formulated there [55] .
However, there was a lingering thought that the decay rate found in [9] may be too small to resolve this paradox. A more detailed investigation of this problem was performed in our paper [1] , using the rules of calculating the probabilities similar to those used in [36] (in particular, not rewarding the rapidly growing parts of the universe). We have found that the paradox formulated in [36] can be resolved in this context, but only if the lifetime of dS states is much shorter than τ ; for a more precise condition see Sect. 8.2 below. However, we also found that quite often the lifetime of dS states is indeed relatively short because of the fast decays to wide sinks [1] .
A new twist of this story is related to recent papers by Don Page [24, 25] . The essence of his argument can be formulated as follows. Consider a cubic kilometer (or a cubic Megaparsec) of space and count all observers living there. We will come up with some large but finite number. In the future, this part of the universe will grow exponentially. Some parts of it will decay and die, but just as we already mentioned, the total volume of the non-decayed parts will continue growing exponentially and eventually its size will become indefinitely large. Even if the probability of spontaneous creation of an observer in the future is incredibly small, an infinite fraction of observers will live in the future because the total volume where they can materialize is infinite. Why then did we appear after inflation instead of being created later? Why are we so atypical? One way to avoid this paradox is to assume that the universe in the future is not expanding exponentially because its decay rate is faster than the rate of the doubling of its volume. This suggests that our universe is going to die in about 10 10 years. This is not unrealistic if one uses the estimate of the lifetime of the universe t ∼ exp [1] and assumes that the gravitino is superheavy.
This way of thinking is not without its own problems, as we will discuss in Sect. 9, but let us follow it for a while. And this will bring us to the possible demise of the Hartle-Hawking wave function [25] , for the reasons to be discussed in Sect. 8.1.
Finally, in their recent paper [26] Bousso and Freivogel re-formulated this problem in terms of the so-called brains, observers created from an empty dS space by quantum fluctuations.
They argued that the problem formulated in [36, 24, 25] is very serious and cannot be resolved using the global description of inflation. According to [26] , the only way to solve this problem is to adopt the comoving probability distribution described in [20] . If correct, this would be a very powerful conclusion, which would allow us to single out a preferable definition of measure in eternal inflation.
Since we already developed a unified framework where this question can be analyzed, let us try to find out whether this is indeed the case, and what is going on with the brains using three different ways of slicing our universe.
The only thing that we need to do is to add an equation for the probability current of creation of the brains:Q
Here Γ 1B is the rate of the BB production in the vacuum dS 1 . All other equations should remain the same because BBs just appear in dS 1 and relatively rapidly disappear in dS 1 , without creating new de Sitter bubbles, so all P i remain unaffected. 
BBs and comoving probabilities
Since the main part of the problem was already solved in Sect. 5, we will give here only final results. If the universe begins in the upper dS vacuum, dS 2 , then we find
We see that if we consider wide sinks with Γ 1B ≫ Γ 1s + Γ 12 , then the comoving observer spends most of his life (or lives) as an OO (ordinary observer) rather than as a BB.
Meanwhile, if the process begins in the lower vacuum, we have
The standard assumption of [36, 24, 25, 26] is that the probability of BB production is much higher than the probability to jump to the higher dS. This implies that the poor guy starting in the lower vacuum is doomed to being a BB.
Let us consider now a more complicated regime, with the potential having three different dS states and two AdS sinks, Fig. 3 . Suppose again that we began in the upper dS. But now we can either fall to the right or to the left. If you fall to the right, to the wide sink, you live there for a short time and die without being reborn as a BB. But if the probability to fall to the left is bigger, and if the left sink is narrow (low probability to decay to the sink), then you are going to be a BB. To avoid this problem, decay probabilities of all low dS vacua must be very high [26] . Whilst this is possible, it is a strong constraint on the string theory landscape, which may or may not be satisfied.
But the most interesting feature is the same as in the one-sink model: The lower we begin, the higher is the probability to become a BB. This means in particular, that if the HartleHawking wave function [22] describes creation of the universe from nothing, then the probability that the universe is created in the upper dS vacuum is exponentially suppressed. A typical universe should be born in the lowest dS vacuum, and therefore it becomes populated by BBs, even if all sinks are wide. But if creation of the universe is described by the tunneling wave function [23] , then the universe is created in the highest dS space, and the chances that it will be populated by normal people will be much higher, though still not guaranteed.
On the other hand, one may argue that quantum creation of a compact flat or open inflationary universe (e.g. a toroidal universe) is possible without any exponential suppression, practically independently of the initial value of the effective potential [56] (see also [57] ). Then one can start inflation at any maximum or minimum of the effective potential with almost equal ease, which makes the whole scenario based on the local description not very predictive. 
BBs and the pseudo-comoving volume-weighted distribution
One can perform a similar analysis in the pseudo-comoving volume-weighted distribution discussed in Sect. 6, see [1] . In this case the final results do not depend on initial conditions, for the reasons discussed in Sect. 6.
The final result for the two dS vacuum case is
under the condition Γ 1s ≫ Γ 21 . Thus one does not have the BB problem for Γ 1s ≫ Γ 21 , Γ 1B .
But if we consider many vacua and this condition is not satisfied near some of them, then the corresponding BBs may dominate.
BBs and the standard volume-weighted distribution
So far we studied the local description [26] , and the global description [1] , and both of them have demonstrated rather mixed results in solving this problem.
The reason is very easy to understand: In both cases we took some pain not to reward exponentially growing parts of the universe for producing lots of space very quickly. Now let us turn our attention to the distribution discussed in Sect. 7, which takes into account different rates of growth of volume of the different parts of inflationary domains. In this case, using the results obtained in Sect. 7 one easily finds that
If one takes the typical estimate of the rate of the BB production Γ 1B ∼ 10 −10 50 [24, 26] , and compares it with any reasonable value of H, from the Planck value O(1) to the present value 10 −60 , one can easily see that the relative probability to be a BB in this approach is given by
This completely solves the problem, and this solution does not depend on initial conditions, on the wave function describing quantum creation of the universe, or on the existence of the sinks in the landscape.
The same solution will remain valid for any potential V , however complicated it may be. Indeed, the main feature of this probability distribution [11] is that the growth of the physical volume of our universe mostly occurs due to the growth of domains with the largest values of the Hubble constant. Then the parts of the growing volume in the highest dS vacuum tunnel down, and produce observers like ourselves. And only a tiny part of this flux, proportional to Γ 1B ∼ 10 −10 50 , turns back due to quantum fluctuations, and produces Boltzman brains. That is why we have never seen them.
Discussion
In this paper we considered three simplest probability measures discussed in the literature. The first one is a comoving probability distribution, which follows the evolution of individual points, ignoring the fact of expansion of the universe, see Section 5. The second one is very similar, in this paper we called it quasi-comoving, see Section 6. It does not reward any parts of the universe for the different rate of their expansion, but it calculates ratios of different fluxes and volumes, keeping in mind that the total number of 'points' during eternal inflation grows exponentially. One can think about it as the probability measure which appears when one studies the physical volume of different parts of the universe at the hypersurface of equal time, when the time is measured in units of H −1 along each geodesic. The third probability measure appears when one studies the physical volume of different parts of the universe at the hypersurface of equal time, measured in units of M −1 p , see Section 7; for lack of a better word we called this probability measure 'standard.' It takes into account the difference between the rate of expansion in different parts of inflationary universe. For each of these three cases we defined the incoming probability current, which is most suitable for anthropic applications.
There are several other probability distributions discussed in the literature. One of the most sophisticated is the proposal described in [14] . The reason why we concentrated on the three 'toy model' measures described above is that they are relatively simple, and all of them can be formulated in a unified way, so they can be easily analyzed and compared to each other. Moreover, some of these measures enter as a part of other, more complicated proposals discussed in the literature. When we study these three proposals, we can learn a lot, do it quickly, and then we can use our experience in discussing other options.
Investigation of the comoving probability distribution shows that its properties depend in a very important way on the existence of terminal vacua, which we called sinks in the landscape. In the presence of the sinks, which is a generic property of the string theory landscape, this approach by itself does not allow us to make definite predictions, so it should be supplemented by the theory of initial conditions for inflation.
Predictions of the probability measure based on the quasi-comoving probability distribution do not depend on initial conditions, since they are quickly forgotten in the course of eternal inflation. However, these results are very sensitive to the existence of the sinks. We identified two different regimes, which we called 'narrow sink' and 'wide sink' regimes. In the narrow sink case, the probability distribution remains effectively thermalized, as in the eternal de Sitter case, whereas in the presence of wide sinks one encounters non-thermalized probability currents [1] .
Finally, for the 'standard' probability distribution, rewarding fast growers, nothing depends on initial conditions and on the sinks, because of the powerful probability current which flows from the dS regions with the highest possible values of the Hubble constant [11, 12] .
As a test of these probability distributions, we studied the Boltzman brane problem recently discussed in the literature. One of our goals was to verify the conjecture that all probability measures based on the global description of the universe suffer from the BB problem [26] . As we have seen, the comoving probability distribution, based on the local description of the universe, as well as the pseudo-comoving probability distribution, based on the global description but not rewarding fast growers, are potentially vulnerable to the BB problem. Meanwhile, the 'standard' volume-weighted probability measure, which is one of the simplest and most natural volume-weighted probability distributions proposed in [4, 11, 12] , completely solves the BB problem.
One may consider this fact as an argument in favor of the 'standard' probability measure proposed in [4, 11, 12] . On the other hand, it is quite possible that other probability measures can be equally successful. In particular, it would be interesting to check the validity of the statement made in [26] that the probability distribution of [14] suffers from the BB problem.
In what follows we will discuss some problems associated with the 'standard' probability measure, their possible resolution, and the situation with anthropic predictions in general.
1) The volume-weighted probability distributions discussed in our paper give predictions that depend on the choice of the time coordinates used to perform the time slicing (measuring time in units of H −1 , or in units of M −1 p ) [11, 12] . However, a similar situation is also encoun-tered in other proposals. For example, one of the most interesting prescriptions for evaluation of probabilities developed in [14] involves an ǫ-cutoff: One should only count the bubbles of a size greater than ǫ, in comoving coordinates. The results of the calculations do not depend on time parametrization, but if one performs a similar ǫ-cutoff in different coordinates, instead of the comoving coordinates, the results will change. The real problem is that all volume-weighted probability distributions depend on some kind of cutoff, simply because the total volume of the universe indefinitely grows.
2) This measure predicts unusual nonperturbative corrections to the large scale structure of the universe. If these corrections are large, then we may find ourselves near the center of a spherically symmetric bubble [58] . Some theorists consider it undesirable, whereas some observers argue that we may actually live in one of these bubbles. One way or another, this effect is small and unobservable if inflation does not occur at a nearly Planckian density [58] . In particular, no effects of such type are possible in new inflation, hybrid inflation, and all known versions of inflation in string theory.
3) If one uses the probability distribution P p for predicting the part of the universe where we should live, one may conclude that the universe surrounding us must be unacceptably hot [16] . However, as we already emphasized, instead of using the probability distribution P p , in anthropic considerations one should use the probability current [12] . If one does so, this paradox disappears.
We can continue discussing possible problems of various volume-weighted probability measures [13, 59, 60] , and their resolution [61, 62, 63, 64] , but we will stop here before we forget that the 'standard' volume weighted measure [4, 11, 12] just saved us from the BB disaster.
In addition to testing various probability measures, one may also try to understand whether they are competing with each other, or complementing each other, because each of them can be useful for answering different types of questions.
Let us give a simple example related to demographics. One may want to know what is the average age of a person living now on the Earth. In order to find it, one should take the sum of the ages of all people and divide it by their total number. Naively, one could expect that the result of the calculation should be equal to 1/2 of the life expectancy. However, the actual result will be much smaller. Because of the exponential growth of the population, the main contribution to the average age will be given by very young people. Both answers (the average age of a person, and a half of the life expectancy) are correct despite the fact that they are different. None of these answers is any better; they are different because they address different questions. Economists may want to know the average age in order to make their projections. Meanwhile each of us, as well as the people from the insurance industry, may be more interested in the life expectancy.
Similarly, all possible ways to measure our universe may be useful for answering different questions. The comoving probability distribution can be used to study a typical evolution of the physical conditions at a given point. Meanwhile, the global structure of the universe can be studied using various volume-weighted distributions. The problem appears only if one wants to find out which of these probability distributions, if any, should be used in anthropic considerations.
There are several ways to approach this problem. One of them, which we already discussed and used in this paper, is to compare predictions of each of these measures with observations. In this sense, the probability measure becomes a part of the theory, and we test both the theory and the measure by comparing them with observations. Another strategy (which may be used in parallel with the first one) is to reduce metaphysical overtones of the anthropic principle by asking well defined questions about conditional probabilities and treating all available facts, including the facts related to our life, as observational data. If one does not do it, one may come to all sorts of paradoxical conclusions.
For example, one may wonder what is the most probable state of the universe compatible with life if one allows all possible parameters to vary, e.g. if one can vary the cosmological constant and the amplitude of density perturbations simultaneously [60] . The results of this approach can be rather problematic, but several solutions to this problem are available [60, 62, 63] . Considerable ambiguities appear in imposing the anthropic constraints on the amplitude of spontaneous symmetry breaking in the standard model if one can vary all possible parameters of the standard model and beyond [65] ; see, however, [66, 67] . Yet another example is the possibility to predict just about any value of the cosmological constant if one considers information processing in the universe and does not specify what kinds of observers are making the observations, i.e. if one ignores the word 'anthropic' in the 'anthropic principle' [68] .
One may argue that the main root of some of these problems is that we want to achieve too much. Before the invention of inflationary cosmology and string theory landscape, we wanted to construct a unique theory explaining all features of our world. Now we understand that the world may consist of many different parts and we can live only in some of them, but we want to replace the idea that our universe is unique by a closely related hypothesis that our position is most probable, that we live in a state where a typical observer should live, etc. This is a very powerful idea, and one should pursue it as far as possible. But it resembles a question which has bothered me for a long time: Why was I born in Moscow if there are so many other places, and many more people live in those places? And why was I born in the middle of the 20th century, if the population grows exponentially, and many more people are alive now than they were at the time when I was born?
Unfortunately, there is a chance that at least some of these questions are meaningless, or we are not ready to answer them, and we will be able to do it only after we learn much more, not only about the nature of the universe, but also about the nature of life. Thus, these questions may remain unanswered for a long time, but it does not preclude us from answering simpler, more pragmatic questions, based on the conditional probabilities. For example, even if one cannot calculate the probability to be born in some particular place at some particular time, one may ask questions about the most probable observational results under the condition that one is born there. If I am born in Moscow, and everybody around speaks Russian, it is not surprising. But if I find that everybody in Moscow speaks Chinese, I will be really surprised, and I will try to come with some theoretical explanation.
Let us try to use this analogy and apply it to our use of anthropic considerations. The first observations which we make give us some primitive information about our environment, about other people, about the city and the country where we were born. Then we learn that our bodies are mostly made from hydrogen, oxygen and carbon. At this stage we do not yet know about the cosmological constant and the Higgs field. But we already know that among all possible parts of the universe we (rather than some generic observers) can live only in the parts which can support carbon-based life (rather than silicon-based life, or some life-like information processing in general). When evaluating the conditional probabilities of the results of future observations, we must take into account that we are going to make these observations. This implies that we are talking about anthropic principle, rather than about atomic principle, or galactic principle. We are doing what all of us consider quite legitimate: We evaluate the probability of the outcome of future observations on the basis of the previously obtained data. The only nontrivial step here is that we consider simple facts of our life (like the fact that we are alive and made from hydrogen, oxygen and carbon) as observational data. This may seem unusual at first, but it is no more unusual than considering the facts that our universe is big and parallel lines do not intersect as observational data. In the end, this strategy lead us to the discovery of inflation.
Let us apply it to the cosmological constant problem. A long time ago, we already knew that the amplitude of density perturbations required for the formation of galaxies was about 10 −5 . Later we learned that the cold dark matter scenario makes a better job in describing formation of galaxies than the hot dark matter scenario. We did not know yet what was the vacuum energy, and the prevailing idea was that we did not have much choice anyway. But with the discovery of inflation, we learned that the universe could be created differently, with different values of the cosmological constant in each of its copies described by the different branches of the wave function of the universe, or in each of its parts created by eternal inflation. This allowed us to propose several different anthropic solutions to the cosmological constant problem [69, 70, 71, 72] based on the assumption that, for the given value of the amplitude of density perturbations, we cannot live in a universe with |Λ| ≫ 10 −120 . The validity of this assumption was confirmed in many subsequent papers, starting with the famous paper by Weinberg [73] . If observations would show that the cosmological constant vanishes, or if it were a thousand times smaller than the anthropic bounds, then we would be surprised, and a theoretical explanation of this anomaly would be required. As of now, the small value of the cosmological constant does not look too surprising, but we are still working to understand the situation better.
The key point is that we did not try to explain all constants at once by finding the best place in the universe populated by most of the observers capable of information processing. Instead of that, we operated using the standard rules of science. We found the conditions necessary for the existence of life of our type, we measured the value of the amplitude of density perturbations in our part of the universe, and only after that we evaluated the possible range of the cosmological constant consistent with all previously known experimental data describing the part of the universe where we live.
The situation with the anthropic bounds on the amplitude of the Higgs field [74, 75, 76] is very similar. Long ago, we measured masses and coupling constants of many elementary particles, we found some basic facts about the weak interactions, but for a while we did not know the amplitude of the Higgs field responsible for the electroweak spontaneous symmetry breaking. Then we found anthropic constraints on the value of the Higgs field in our part of the universe, under the condition that all other parameters are fixed, because we already measured them in our part of the universe. This procedure does not involve any of the ambiguities described in [65] .
This does not mean that we should not go beyond this simple step-by-step procedure. We should certainly continue our attempts to understand everything from first principles, and maybe eventually we will find that our presence in this part of the universe with all of its bizarre properties was most probable. This would be a great triumph of science. That is why we should continue working, trying to find an ultimate explanation of the physical reality, despite all problems and uncertainties which we encounter. But on the other hand, perhaps one should not be too disappointed if eventually we find that at least some of our pre-Copernican ideas are wrong, and we do not occupy the central, or typical, or most probable position in the world. Even in this case the anthropic principle will find a decent place in the theorists toolbox, by allowing us to pre-select those parts of the universe and those vacua in the landscape where we can live.
